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FOREWORD

This report was prepared by Lt T. M, Weeks of the Electrogasdynamics Branch, Air Force
Flight Dynamics Laboratery, Wright-Patterson Air Force Base, Ohio, The work was conducted
under Project No. 1426, ‘‘Experimental Simulation for Flight Mechanics,” Task No, 142604,
““Theory of Dynamic Simulation of Flight Environment (Dynamic Flight Simulation).”

The perijod of work covered by this report was from January 1966 to June 1967, This report
was submitted by the author in November 1967 for publication,

This technical report has been reviewed and is approved.

pnm’ﬁ P. ANTONATOS
Chief, Flight Mechanics Division

Afr Force Flight Dynamics Laboratory
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ABSTRACT

The much ignored problem of turbulence in hypersonic ground test facilities is discussed with
particular emphasis on arc-heated facilities. Sources of free-stream turbulence and their
effects on model aerodynamics are identified. An analytical treatment of stagnation zone
heating accounting for free-stream vorticity amplification and viscous dissipation is prasented.
Results are discussed in relation to threeexperiments: one involving time resolved measure-
ments in an arc-heated wind tunnel, another involves stagnation point heat transfer measure-
ments in the turbulent boundary layer of a hypersonic shock tunnel, and the third deals with
similar measurements in a turbulent svbsonic nitrogen plasma jet. In both of the latter
experiments, stagnation point heating rates exceeding two to three times the calculated
laminar expectation are reported. These results are corroborated Ly the present analysis,
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SYMBOLS

Amplitude parameter

Scale factor in Hiemenz flow

Fluid velocity vector
Nondimensiona! fluid velocity vector

Specific heat at constant pressure
Dimensionless Eckert number (Equation 3)

Dimensionless wave number

Source term in energy equation (Equations 40, 41)
Prandt] number

Heat transfer rate
Heat transfer rate for A=E=0
Turbulence intensity ratio

Fluid temperature
Nondimensional fluid temperature

Nondimensional £, 7, { components of fluid velocity, respectively
Disturbance velocity components
Coordinate axes (1 = 1, 2, 3)

Specific heat ratio

Nondimensional coordinate system
Disturbance temp2rature

Spectral jataraction function (Equation 31)
Wavelength

Kinematic viscosity

Velocity function (=-Vo)

Dissipation function (Equation 9)
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SYMBOLS (CONT)

“17 Spectral interaction function (Equation 25)
(1] x component of vorticity

w Disturbance vorticity

Subscripts

L Free stream

w Wall

Mean value or zeroth harmonic

£, 7.8 Differentiation

12 Harmonic

(1) ,(2),(3) Approximation

Primes denote differentiation with respect to 7); a tilde over a symbol designates a spectral
interaction function,
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SECTION I
INTRODUCTION

The severe reentry environment, both present and future, places a heavy demand on ground
test facilities to provide realistic simwlation, A problem common to most hypersonic facilities
which, until now, has been virtually ignored concerns the presence of free-stream turbulence,
Broadly defined, hypersonic wind tunnel turbulence includees all unsteady flow behavior
eventually experienced by the test article, Included therefore are gross property variations
in the test affluent. To a first approximation, frozen disturbance patterns convecte? by the
mean flow make up a significant portion of hypersonic turbulence, Inherent in the nature of
hypersonic turbulence defined in this way is the lar change in scale of a given disturbance
in passing from the hypersonic free stream to the model flow field, Thus free-stream
disturbance wavelengths of the order of the tunnel size may become nf classical size near a
stagnation point,

There is growing evidence that such hypersonic turbulence significantly increases both
stagnation region heating and ablation rates as well as reduces the transition Reynolds number
when comparing these effects to laminar free-stream results,

This report discusses the general aspects of the overall problem, The turbulence is charac~
terized and an ansivsis of stagnation line heat transfer based on earlier work of Sutera
(Reference 1) is presented. The effects of both vorticity amplification and viscous dissipation
arc included, An incompressible flow of a perfect gas is assumed, Some experimental results
are discussed which support the theory and provide specific evidence of the importance of the
problem,
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SECTION II
THE HYPERSONIC TURBULENCE PROBLEM

1., STATEMENT

A definition of hypersonic wind tunnel turbulence is given in Section L Any spatiotemporal
variation of any flow property about its mean value is a component of hypersonic turbulence.
In a typical ground test facility, there exist certain cause and effect aspects which may be
treated separately. The origin of the turbulence in a typical hypersonic facility (excluding the
hypervelocity range facility) is clearly related to the particular driver, Figure 1 shows an
arc-heated wind tunnel capable of providing hypersonic aerodynamic simulation or low Mach
number simulation of high shear, high heat transfer. Several mechanisms which may render
the flow turbulent are identified.

Fluctuations in arc heater supply woltage, current, and pressure are obvious sources of
turbulence, I the arc is vortex stabilized, the rotational frequency is important. The heater
itself may be, ior a certain set of operating conditions, a source of natural longitudinal,
radial, and circumferential acoustic resonance. The plasma turbulence in the cylindrical cavity
consists conceivably of both solenoidal and irrotational modes as described by Kovasznay
(Reference 2). The task of identifying various sources of unsteady flow behavior within the
heater appears formidable owing to strong coupling effects.

As the flow is accelerated toward the throat, additional coupling of turbulence modes takes
place due to large axial and radialproperty gradients. The fundamental character of the turbu~
lence changes as the flow becomes supersonic. The various separate turbulence modes
examined by Kovasznay (Reference 3) and Chu and Kovasznay (Reference 4) are the acoustic,
vorticity, and entropy modes. In adcition, there is a chemical mode which in arc-heated
devices would include some contamination, Although nonlinear mode coupling still occurs near
the throat and within the boundary layer, one expects that for small enough disturbance
amplitudes the various modes are uncoupled in the free stream (Reference 3), K the nozzle
boundsry layer becomes turbulent, it is capable of producing additional free-stream turbulence
in the form of acoustic radiation, which may be enhanced by probable vibration of water-
cooled nozzle walls,

The origin and basic nature of the turbulence which ultimately appears in the test effluent
have been characterized above, Any one of the described property variations in the heater can,
by the mechanism of nonlinear mode coupling near the throat, give rise to all four turbulence
modes in the test gas. For this reason, all hypersonic facilities operating in the range where
chemical kinetics are importact and having any kind of disturbance present in the driver are
potentially capable of containing all forms of turbulence in the test core. This first aspect of
the turbulence problem has been well documented for supersonic facilities (see Morkovin,
Reference §).

The second major aspect of the problem is concerned with the effects of the varicus free-
stream turbulence modes on simulation. The three separate effects identified are (1) observed
increased siagnation region heat transfer and skin friction (References 6 through 12), (2) in-
correct mechanical ablation (Reference 13), and (3) early boundary layer transition (Refer-
ence 14). The ways in which the presenceof free-siream turbulence brings about these effects
are complex, Basicaily, each of the turbuience modes (acoustic, vorticity, entropy, chemical)
is capable, upon shock interaction, of gemeruting all four modes behind the shock (e.g.,
References 3 and 14 through 19). As an examply, fluctuations in free-stream atomic oxygen
ooncentration may yield fluctuations in velocity behind the bow shock wave, Behind the bow
shock we may again, for high enough stagnation point Reynolds numbers, identify a flow region
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ahead of the boundary layer wherein the four modes are uncoupled. Convection of vorticity
enthalpy and chemical modes and propagation of ncoustic waves through the stagnation point
boundary layer will alter the surface heai transfer rate and skia friction calculated by
assuming laminar flow and laminar transport properties (including viscosity, conductivity,
and species diffusion coefficients), The role of wall catalycity must be reaxamined, and
surface catalytic efficiency will be seen to depend on boundary layer turbulence levels, Tur-
bulent flow in the boundary layer will also quite naiurally result in modified ablation patterns,
Early transition to a turbulent houndary layer onthe model bears an obvious connection to the
free-stream turbulence level found in conventional supersonic wind tucnels,

It is not intended to suggest that each of the threc effects exists separately because all
three might be encountered in a typical hypersonic wind tunnel, The major point is, however,
that for both cited applications of the arc-heated facility, i.e., hypersonic aerodynamic and
high shear, high heat transfer simulation, the probiem of free-stream turbulence must not be
overlooked,

2, APPROACH

The first of two possible independent approaches to the problem of hypersonic wind tunnel
turbulence is a direct attack aimed at eliminating, suppressing, or at least altcring the
character of the turbulence sources, The usual turbalence suppression devices, well under-
stood in supersonic wind tunnels, cannotbe installed in hyperthermal facilities witkout serious
loss of total enthalpy. Of course, a high degree of rectification of the power supply and
‘‘compressor off’’ operation are indicated. Careful tuning of the heater may reduce acoustic
resonance effects for a particular operating point. Fluctuations in arc length and attachment
mode, a major contributor to effluent turbulence especially at high driver pressures, are
still without apparent solution,

Another important suppression technique might be aimed at reducing property gradients in
the throat region. The present day cone cyclinder-cone throat geometry would probably
require mcdification, A suggestion based on experience with low power level choked flows
indicates that uncooled graphite throats yleld much quieter flows thau highly cooled copper
throats (Reference 20). It would appear that the greatly reduced radial temperature gradient
in the graphite throat case reduced noise generation by the coupling mechanism previously
described in this Section,

In order to bring abouta reduction of arc~heated wind tunnel turbulence, it wiil be recessary
to initially characterize the various modes of turbulence which are present. This may, in
part, be accomplished via a number of flowdiagncstic techniques currently available, although
by no means well understood in the hyperthermal range., Thus one is led to consider the various
flow visualization techniques including laser doppler schlieren and crossed optical beams
(Reference 21), as well as inserted probe devices such as hot wire and cooled sensors
(References 22 and 23), and acoustic and heat flux probes (see Section IV), A promising tech-
nique employing an electron beam with fiber optics has been used successfully (Referance 24).

The second approach, which can be carried out in large part independently of the first,
involves the analysis of the effects of arbitrary forms of turbulence, characterized for example
by amplitude, frequency, and correlation on model aerodynamics, Major emphasis should be
given to whatever modes of turbulence are actually preseat in an arc-heated facility, At the
present time, it would appear safe to assume, based on previous arguments, that ali modes,
albeit uncoupled in the free stream, are present. The presence of these free-stream turbu-
lence modes results in modified stagnation zone flow which may be subdivided into two
categories: (1) shock-turbulence interaction where the newly created or modified turbulence
modes behind the bow shock must be identified and (2) the model bcundary layer flow field
having initially uncoupled turbulence modes at its outer edge, The order of attack is not
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important, and each major component may be subdivided into various mode coupling problems,
such as shock-vorticity (References § through 8); shock-chemical mode coupling; boundary
layer-vorticity; boundary layer-acoustic mode coupling,

Recently, Sutera {References 1 and 25) analyzed the effects of free-stream vorticity ampli-
fication through a stagnation line boundary layer on skin friction and heat transfer, He found
that both the skin friction and heat transfer increased (by different amounts) due to the pres-
ence of a specifically oriented upstream steady vorticity field convected through the boundary
layer, The analyeis was carried out assuming incompressible flow of a perfect gas. Provisi.n
was made to include the generation of higher harmonic spectral interaction functions including
temperature-velocity coupling terms, Effects of viscous dissipaticn were not considered
and the actual numerical solution was accomplished usingtruncated forms of the higher order
approximations because of the limited analog computer capacity.

The effects of species diffusion should be included although, as stated previously in this
Section, this analysis should be based onturbulent diffusion coefficienis as yet not well known,
I would appear then that a logical extension fo Sutera’s problem is to assess the sffects of
viscous dissipation and include all higher harmonic terms in the highest practical approxi-
mation. This represents, approximately, the flow field behind a hypersonic bow shock, One
may regard the presence of the spatially distributed vorticity field as a direct result of shock-
turbulence interaction,
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SECTION III

TWO-DIMENSIONAL STAGNATION POINT HEAT TRANSFER
WITH VORTICITY AMPLIFICATION AND VISCOUS DISSIPATION

1. MATHEMATICAL STATEMENT OF PROBLEM

The need to include effects of viscous dissipationarises from the result, obtained by Sutera
et al (Reference 25), that a neutral scale vorticity exists, For turbulence wave lengths above
tiis scale the machanism of vorticity amplification is found, For wavelengths below this scale
there is vorticity attenuation. Sutera attributes this to viscous dissipation but does not
formally provide for this effect in the enerygy equution,

In this report, the basic approach to the problem initially parallels that of Sutera, i.e., the
same basic form of the wpstream vorticity with wavelength again equal to 1.5 times the neutral
is chosen for purposes of comparison, Figure 2 shows the basic flow model. The added
vorticity is in the only direction capable of amplification. The modified analysis begins with
Sutera’s form of the energy equation but with the viscous dissipation term inciuded.

* »*
dc¢; dc

Lok ) (m

bxk Ox:

- 3 3
*. ®*_ Vg2 % v
(" MT =9 1"+ T T 5 (

V=Vo(y) +V(y)cos k,z

L

—= ()

et
<

Figure 2, Hiemenz Flow Field With added Vorticity
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Specializing to the Hiemenz flow configuration which employs nondimensional flow quantities
and the same scale factor one has:
- | 2 av
(V)T =V T 44— @
c P cp (Ta—Tu! (2)

The quantity ./av has been used to nondimensionalize the velocity and one recognizes the

dimensionless Eckert number:
av

B ey (Ta=T) (3)

Note also that the quantity ./v/a has the dimensions of length, The complete system of
governing differential equations expanded into the £ ,7, { nondimensional coordinate system
becomes (Reference 1):

v.Q,7 + w.Q.C - =.Q,,7.,) + ‘Q'CC (4)
Uu, + VU, +WU,, —-U,.V +U = {

g VU T Wp TYgVy tUn Vg = g tugg (s)
UUp +VUpy +WUpr + UC Wy = U,,’ W = (Upq +ure ).,’ (6)
U+ Vy+ W =0 (7)

- _l_. .
VT.,’ +WTg = o (1',,).,7 +TgL )+ E Lo o] (8)
where
2 2 2 2 2
=% w
P=2 (U +v,,’ + §+v§ w17 )+w,q+v£ (9)

I has been assumed in Equations 4 through 9 that terms involving 3 in the dissipation
function could be neglected. This, of course, restricts the solution to a region close to the
stagnation line, Next, it is assumed that the three-dimensjonal nature of the turbulent flow
field may be characterized by the following Fourier structure which perraits solutions
periodic in [ .

(4
=U, () +A nf_:' up (1) cos ko &

c
'

o
V=V () +A Z' vn (n)cos kn
ns

(10

®
w:S % Wo (m)sink, L
nz| P

-
T=T, (P+A T 6, (nlcosk, L

n=1
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The harmonic coefficients Us Ve G 8T not necessarily amall with respect to their mean
flow counterparts Uo’ Vo. To’ respectively. Substitution of Equations 10 into Equations 4

through 8 leads ultimately to a set of two plus a quintuple infinity of ordirury noulinear
differential equations with as many unknowns, These equatiocns express hoth mean and
“fluctuating’’ quantities as functions of distance from the wall. The detailed set of equations
without viscous dissipation appears as Equations 18 through 27 of Reference 1. The energy
equation governing the mean temperature variation modified to include dissipation becomes:

2 4 2 @ []
T°'+Pr¢ T°'+4EPr ¢' =%— Pr Y ["i ei +y; Gi)]
. = an
2 2 2 12 ' 2 ' 2
-A“Pr E .Z' [z(ui w, AT 2w W v k) (k) ]
iz
The fluctuating temperature field is governed by the following expression:

By +Pr By =8, kn = Pr Ty vy +4EPr @ (ug vy )= 3 Pr(I, -1, )
(12)

—AE Pr (Is,n+ Iq,n + Is,n—Is,n+ 11,n+ Ia,n)

The Spectral interaction functions I @,n) are tabulated in the Appendix. It may be seen that

even without ‘ree-stream turbulence (A=0) there is a viscous dissipation effect owing to the
finite value of U = -V(') = ¢. Solutions of the entire system of equations have been obtained
by means of an snalog computer and a digital computer simulation of the analog computer pro-
gram,

2. ANALOG COMPUTER SOLUTION

It is necessary to choose a wave number, k].' for the first harmonic component of the initial

velocity and temperature field, Sutera has considered a simple sinusoidal variation of the
normal velocity which corresponded to a singie value of k, at the outer edge of the boundary

layer. One can, in principle, include additional wave numbers to more closely represent a
hypothetical turbulent velocity distribution. Sucha modification wouldnot alter the fundamental
heat transfer mechanisms under examination and would unnecessarily complicate the analysis,
The appearance of higher harmonics within the boundary layer is included in the analysis and
it is seen that only the second harmonic terms must be reirained,

The most appropriate wave number to choose is one which exceeds the neutral scale value
thus ensuring that both the vorticity amplification and viscous dissipation mechanisms will
be effective, R is necessary, therefore, that k; < 1 which is the same as X, > )\, where

b o is the neutral wavelength, To facilitate direct comparison with Sutera’s result, a value of
kl = 2/3 was chosen, A range of the turbulence amplitude parameter A was considered for

several veiues of the stagnation zone Eckert number, The latter vaiues were chosen about the
usual narrow range encountered in hypersonic facilities,

The iterative solutionbegan by assumingthat, to first approximation, the spectral interaction
functions ocontribute nothing to the velocity and vorticity components, The homogeneous forms
of the governing equations were solved simultaneously and provided a first approximation to the
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first and second harmonic components (n=1,2) of velocity and vorticity interaction terms,
These components were then substituted into the governingequations to yleld a second approx-
imation to the velocity and vorticity field. This procedure ‘jenerates a second approximation
to both the first and second harmonic spectral interaction functions, These results were
applied to the energy equations (both mean and harmonic forms) to obtain first approximations
to the spectral temperature-velocity interaction functions which finally yield vaiues of the
mean temperature field.,

The actual calculation scheme as it was programmed for the analog computer and sub-
sequently written in MIMIC (digital simulation) is presented below. The set of homogengous
differential equations governing the first approximation to the first harmonic velocity and
vorticity components are listed first

" n :2 -
Py F APy T Fnt 170 13
(See Schlichting, Reference 26)
) 4 4 ¢ A
Vi T i T O3 Y T Yl (14)
B ’ 4 ] .
vy ¥ v T P T T Pm Vi 15)

(T TV T Y (16)
The corresponding boundary conditions to be imposed are:
$)(0) = $,,(0) =0, @0 =1.237
v(1)0) = vi,yl0) =0
uylo) =0
$y > @ 1o

vl'(l) "':‘(l)'"m)—’ 0 as 7 —>®

A boundary search routine was employed in the MIMIC program and the solution to Equa-
tions 13 through 15 was obtained. Spectral velocity interaction functions were defined:

~

o001 = @y iy @+ 20 @)

and

~ - 2 ! '
uz(n) '2(°|(|) 1""':(n) u|(|)) + (Vt(l)"u(l)+ i) %) )
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Then the governing equations for a first approximation to the second harmonic (k2 = 4/3)
velocity (and vorticity) components become:

" ls 8 b
Ve Y9 Y2()T T W Vet O g
whoy oy wh o+ w -1 =-£-ﬁ
2(1) () “20) (1) “2(n 9 2(1) " 2 2(1) (18)
u |6 - _A.- ~
ey ) Y2007 200 2R T “Bg%w © 7 Ueny 09
!
Ye(r)T T Y2y T Ya() (20)
The boundary conditions are:
vz(”(O) z Vz(u)(O) = “a(n)(O) =0

o
Ya() * Val) » Yz) >0 @3 > @

Solutions of this set of equations were utilized to obtain the following interaction functions:
(
'Q'a(z)’ “Wy1) "z(u) “’t(l) V2 (i)~ W) @200t (1) V.m*wzm\'.m""zm @ i(r)

and

Uit2)® 491y Uz )t Vi )“‘2(|) +"|’(')"z(|)"' Wig1) Ya2(1)

+ Vo0 Y+ (u)".m*' Wa(1) Uy(1)

The next step was to calculate the second approximation to the first harmonic velocity and
vorticity field.

4
":(2) l(2) + Vi)~ ; wy(2) =0 (21
" ' ’ _ A ~
Wiz) YR %2) TP 2) "3‘ “"(z) =2 2 (22)
ll ’ - -A—N

Wiy e a2t 5 o e £ Uie 23)

7
Yi(2) T Vi(2) T Yi(e) (24)

The boundary conditions are:
V‘(?) (0) = vl'(Z)(O) = u'(z)(o) =0

’

(2" vl'('z), “n(z)»o os 7 —> ®
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The final velocity-vorticity interaction functions obtained were:
2,02 @i(2) Vitart @ic2) Yi(2) F 2% (2) @1 (2)
and
~ 2 ’
Us(2) = 2lu)t W) Yz ) + (vi(2)vi(2))

A correction function for ¢ representing contributions of the spe.tral interaction function to
the mean velocity field was also calculated,

~

|
¥, =ui,t 5 () Vi)t vie Vi) + “z(:)+ = ug gy Vaqurt U2.) Vo))
which ylelded a second approximation for ?, Le.,
2 L
- + 1=
e hey Py Pt A Y (5)

The final system of equations soived for the velocity and temperature field corresponded {o
the second approximation, second harmonic components,

" 16 8 . (26)
“;(z)-"z(z)'*'? Vao(2)” 3 Y2(2) Y
16 _ A9
g (2 ey Y2 (ot Re) V2(2)” S Y22 2 a2 (27
] ' _A_
o (2 P aim Ve 2t 9~ He Ve 2 Vet (28)
/
We(2)" V2(2)” Y2(2) (29)
The boundary conditions are:
Vz(z,(O) = V;(z)(O) =Uz (sz) =0
"é(z)vv'z'(z). Uz(2)~>0 as 7 —> @®
A third approximation to ¢ was obtained, i.e.,
12 2 &
- +1 =A {30}
¢(s) 4’ )¢(s) (s) \y(s)

where

- 2 L ' ’ 2 _l_ ¢
¥s) Suiett 7 Wit e it et 7 V2@veei T Ve () (e
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The system of Equations 11 and 12 governingthe mean and fluctuating temperature required
several spectral velocity interaction functions defined as follows:

Q - ‘ 16
®(.;'8[“|(z)"z (21" Yi(2) "z(z)'*‘"a(z)"u(z)] TS Vi) vz (2)
(31)

9 ' '
2 Y2 i2) Yigz2) T Y2(2)Yi(2) T 4% 2lVa(2)

- 2 2 2 6 2 9 2 .
®(zr“[":(z>+ Yi(2) “um] =3 Yil2)” g "i2) F2w(2) vi(2) (32
-~ 2 2 ;2 F4 2 Iz
Tizy) = 200y W (2) F Vi) Y2 (21t 2 (20 Y (2)! -
L2 -3 L4 33
2 U5 T 2 i) Y U (e g Y2 (2)!
The first approximation to the mean temperature field is obtained from Equation 11.
' ] ”
=0
Pr T°(t)¢(3) +T°(')+4E Pr ¢‘3) (34)

with boundary conditions:
To, (0) =0
)

' n
Toy >t v To(y) Toy,y —>0 98 7 —>@

The first approximation to the first harmonic component of the fluctuating temperature field
is obtained from Equat’on 12 which becomes:

" ' 4 _ ' ’
9‘(')+Pf 9l(‘) ¢(3)- ‘59‘(”- Pr To(')v'(z)+4E Pr ¢(3)[V|’(2)"’ u'(z)]

AP . (35)
+2L(1 -1_ )-AEPr ¥

2 T e R NP

The spectral interaction functions I
conditions take the form:

@,1) are listed in the Apperdix, Appropriate boundary
1

8,(,0) =0 | ;)—> 0 as n —> @

The first approximation to the second harmonic component of the fluctuating temperature
field may be evaluated from:

" ! {6 ' / ,
92(|)+Pr 920)4)(3! - —9' 92(!)= Pr To(!)vz(z)+4E Pr d)(a) [VZ{Z)— uz(z)]
s (36)
APr
+ 5 [I(l,z)-I(z,z)]-'AE Pr ags La, 2)

12
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with boundary conditions:

92(') {0) =0, 92“)-—)0 s 7 —> ®

We are now in a position to evaluate the second approximation to the mean temperature field.
2
y 12 _ A" Pr
- 7
'ro( HPr iy Ta, FAE PO g = Ay [1, +e1,] (37)
where

I = “n(z)et(|)+ ("1(2)9.(1)) + “z(z)ez i+ (v, (2)92 m!

= '2 2 . 4 2 9 K-
200+t viG) P T 2Nt S e g e
+2(J 12 2 s 4 16 2 9 1 2

2(2) T V2(2) Y Y2(2)!) T 2%202)%2 ()t 5 Ya(2) T e i)

Solution of Equation 37 provides necessary inputtothe calculation of the s2cond approximation

to the first harmonric component of the fluctuating temperature field which is obtained from the
relation:

4 - / / r
8li2) +P* 812 b3y~ 5 Ozy TP ToggyVi(2) ¥4E Pr R CYREETR
e . 38)
2 0T 0 TAEPT 2 T(g

a=3

The second and final approximation to the second harmonic component of the fluctuating
temperature field may be obtained from:

", [ 16
Bp2) +P7 By(2) Bia)™ T Bate)® PT To Vaqer® 4E PY (v (o V(e
(39)
APy

L LA S

]AEPrZI

a- {a.2)

The results obtained above may be combined to provide a third and final approximation to the
mean temperature iield.

12 2

~ / A" Pr
To iy FP* BisyTogy ¥ 4E P by = T [1, +er, ] (40)

3) (3) (3)

Where, consistent with the utilization of the best available approximation, we have:
o rd nl ,
4 F “|(2)8|(2)+ “'1(2)31(2)' + ”2(2)82(2)+ (Vz(z)gz(z))

and 12 remains unchanged.
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3. RESULTS OF ANALYSIS

The important results of the analysis are, of course, the effects of vorticity amplification
by vortex stretching and of viscous dissipation of vorticity on stagnation line heat transfer,
R is worthwhile in this connection to examine the intensity amplification of the first and second
harmonic components of v and u referred to the corresponding local mean velocity. Thus we
may define the ‘‘turbulence intensity’’ ratios,

R, = “l(z)' /UO

= 1Yi(2) | / 4”(3)
Ri2 =1 Vi(2) ‘/ Vo
1 Vi(2) I/ ¢(3)

20
"

2, “un'/'#v
Rz,z =| vz(z)l/ 4’(3)

These ratios, plotted in Figure 3 as a function of y, depict the way in which the harmonic
components of the disturbance velocity fiel? are amplified over and above the corresponding
local mean velocity as the flow approaches t:< wall. This behavior is in qualitative agreement
with the results of Reforence 27, Included is Sutera’s (Reference 1) result for r = lvl (1)‘ /v o

One sees that Sutera predicts a relative intensity amplification which exceeds unity and also
displays a maximum for 7 > O. The present resultpredicts a peak intensity of 0.8 at 77 = O,
One may still conclude, however, that there is of the order of a hundredfold ampiification of
initial longitudinal velocity intensity. The first harmonic component of the lateral intensity
attains a much smaller magnitude (@ maximum of 4%). The corresponding second harmonic
intensities are also of smaller magnitude than the longitudinal first harmonic, The longitudinal

second harmonic intensity displays a double maximum owing to a sign change in V2 @y

The combined effects of vorticity amplification and viscous dissipation may be understood
by examining the source term in Equation 40, Thus we may define:
A% pr
2
This reduces in form to Sutera’s Nl for A=1, E=0O, Plots of N* v8 7) appear as Figure 4. In

the case of laminar flow (A=0) we find that the source term is non-zero for E > O, One may
examine the variation of N* as a function of A alone only for the case that E=O, For E > O one
cannot separate the two effects owing to the middle term in Equation 41,

N*=

[
[1, +e1,]-4e pr g2 (@1

Solutions of Equation 40 in the form of To . T é are plotted vs8 7 in Figure 5 for the
©) @)

same range of A and E as appears in Figure 4, The overall effect of increasing E is to in-

crease the wall temperature gradient and reduce the thickness of the thermal boundary layer,

14
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rs |"m) l/v0 (Ref 1)

! .Ml;
.03
\ Rz'z = lvz(z)l /Vo
~N l |
“‘- 02 | 1
[ 4
Ra,i = |9 /”o

~ Ol | |

o ) 2 3 4 5

Figure 3. Relative Intensity Amplification of First and Second Harmonic
Components of Longitudinal and Lateral Velocity Components
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Figure 5. Mean Temperature and Temperature Gradient Illustrating Distortion
Due To Viscous Dissipation and Vorticity Amplification
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The level of 'l‘o labeled S’ is Sutera’s value of 'I‘o . This level which is to be compared
(2)

with the E=0 solution is somewhat higher inall cases, the difference increasing with the value

of A,

We come finally to the most significant result, namely the wall heat transfer rate, q which

is proportional to T(" (O). For a reference g, we chose To' (O) for A = E = O which has
)

a value of 0,499, Dividing other wall values of T (', by this value, we can show in Figure 6

@)
that the effects of both vorticity amplification and viscous dissipation are to significantly
increase stagnation line heat transfer. As previously indicated in this Section, owing to the
large gradient in Vo near the wall there is finite viscous dissipation even for laminar flow,

One would expect, therefore, that even in free flight an underestimatior of stagnation heat
trapsfer at a leading edge will arise (the level depending on the magnitude of E) if viscous
dissipation is not accounted for, One observes that the effect of increasing A (as noted by
Sutera) or E is to increase the stagnation zone heat transfer. The effect of viscous dissipation
is initially linear but is gradually reduced as the boundary layer becomes thinner, This is due
to the fact that the source terms N* in Equation 40 (see Figure 4) while themselves extending
well beyond the classical Hiemenz boundary layer have reduced influence on the thermal
boundary layer which grows thinner with increasing E. This effect was observed by Sutera
for increasing Prandtl number,

Included in Figure 6 are four calculated values for the Eckert number corresponding to the
stagnation flow region of both an air arc-heated wind tunnel where )’f = 1,2 and a perfect gas
facility where 7 = 1.4, Inh two cases (a, b) the hypersonic limiting value of M2 s 0.4 was
chosen. In the third case (c) a free-stream Mach number M1 = 2, Ye = 1.2 was selected, The
final case represents a conventional supersonic wind tunnel condition with Y = 1.4, M1 = 3,
Transonic and subsonic wind tunnels would appear with still higher values of E. In all cases
the Eckert number was obtained from the relation

= (y-1) M5 (42)

The values obtained checked well with Eckert numbers calculated directly from the definition
(Equation 3).
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SECTION IV
EXPERIMENTAL RESULTS

1, SHOCK TUNNEL TURBULENT NOZZLEX BOUNDARY LAYER

Some recent measurements by J, E. Wallace (Reference 28) of stagnation point heat transfer
obtained with axisymmetric probes in a shock tunnel nozzle wall boundary layer provide a
comperison with the theoretical predictions obtained in Section III I was found that ‘‘much
higher heating rates occurred in the boundary layer than would be precicted based on measured
pitot pressure profiles and an assumed Crocco energy relation for the total enthalpy varia-
tion,”” The reason was attributed to the free-stream turbulence described in References 1, 6,
and 7.

In order to construct such a comparison it is necessary to reiate the parameter A to the
initial turbulence amplitude |v|/ V0 ahead of the probe boundary layer, Siiice the two are

linearly related we need only to establish a single data point where both the excess heating
over and above the laminar flow value as well as the free-stream longitudinal turbulence
level are known, Of course one would expect that a meaningful comparison must necessarily
be limited to two-dimensional configurations, Nevertheless, one may anticipate that the proper
order of magnitude effects for axisymmetric shapes would be characterized, It is more than
likely, however, that the constant of proportionality between A and | v|/ Vo is different for
the two cases.

Short et al (Reference 9) reported measurements of both free-stream turbulence and
corresponding heat transfer rates from a 0.5 inch diameter sphere in a low speed (16 fps)
flow. They reported that an overall heat transfer increase of 20% accompanied a free-stream
turbulence increase from 0.013 to 0.15, ¥ we assume that at the lower reported turbulence
level the heat transfer corresponds nearly to the laminar rate, we find from Figure 6 a value
of A = 3,8 corresponding to E=O and q/qb = 1,2, This prcvides a relation between A and

[vl/ Vo for axisymmetric bodies in subsonic flow of the form:

as (=) ||/ v (43)

For the shock tunnel experiments it is again necessary to know the turbulence level ahead of
tho probe boundary layer., This may be related to the longitudinal velocity turbulence level
(axial component) actually present in the supersonic boundary layer through the Mach number
dependent normal shock amplification factor derived by Ribner (Reference 16), This has a
perfect gas limit of 1.8 for hypersonic flow diminishing to a value of 1,6 at the point of closest
approach to the wall reported by Wallace. For purposes of the present comparison w2 chose
an average amplificatior factor of 1,7. Thus for hypersonic boundary layers we might expect
that for pure vorticity fluctuations ahead of the probe shock a relationship of the form:

A= (—3’-'9-(—;_1;;—’-)|v\/v0 (44)

would properly relate the Sutera parameter A to the turbulence intensity,
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In the absence of detailed measurements of | v|/ V0 for ahypersonic nozzle boundary layer,

we chose to consider simply the Klebanoff (e.g., Ref, 29%) values of longitudinal turbulence
intensity, From Figure 2 of the cited reference we find that a value of | v|/V0 = 0,15/

1.7 = 0,088 occurs at y/ 8§ = 0.021 (also at y/ 8 = 0,002 but no heat transfer measurements
were recorded in the shock tunnel sublayer). Now from Figure 6 we find for the shock tunnel

operating conditions (Mg = 7.9, '1‘o = 1800°R, Re/ft = 2,0 - 10,0 x 106) that E = 0,06 and
for A =23.8, q/qb = 2,25, This is of the order of the measured values of excess heating at
y/ 8 = 0,05 for & number of shock tunnel runs,

Finally a curve of A vs y/3 obtained from Equation 44 and the Klebanoff profile as well as
a curve of q/qb v8 y/8 obtained from the curve of A vs y/8 and Figure 6 appear as Figure 7.

Included are the values of q/qb obtained from the shock tunnel measurements, R should be

noted that considerable scatter of experimental data prevents a completely satisfactory
comparison, However, one sees that the unexpectedly high heating rates measured (in some
cases over 100% increase) and their diminution with increased y/§ are on the whole predict-
sble, It may therefore be concluded that this analysis of stagnation zone heating is capable of
predicting the high heating rates encountered when the free stream is turbulent,

2. ARC-HEATED WIND TUNNEL TURBULENCE

An in-house program to characterize the turbulence in a typical air arc~heated hypersonic
wind tunnel is currently under way at the Air Force Flight Dynamics Laboratory. The initial
phase of the program involves measurement of as many forms of unsteady behavior in the
tunnel as possible with existing instrumentation and ultimate auto and cross correlation of the
data, The analysis has not been completed; however, certain of the preliminary results
illustrate the basic nature of the turbulence problem discussed in Section II,

Basically the experiments involved introducing a Kaman model K1808 acoustic transducer,
with nearly flat frequency response from 10 Hz to 20,000 Hz and pressure range from 120 to
200 db sound pressure level (SPL), mounted in either a cylindrical or rectangular flat-faced
probe into the test effluent of the AFFDL 4-megawatt electrogasdynamics facility (EGF)
(Reference 30). (Also see Figure 1,) In ordsr to prevent blocking by the 1 inch x 6 inch
rectangular flat-faced stagnation probe, an 18-inch diameter nozzle was utilized, Measure-
ments of heater voltage, pressure, microphone output, as well as the output from an RCA 6217
photomultiplier looking directly at the gas cap radiation were recorded via an Ampex CP 100
FM tape recorder with a frequency range of 0 to 27 kHz,

Of particular interest are the microphone and photomultiplier outputs. A sample of the tape
records is presented in Figure 8 and the corresponding power spectra follow in Figures 9a
and 9b, One sees that a rather broad spectrum of turbulence exists at the axisymmetric
probe, stagnation point,** B is observed from the scope traces that the microphone and
photomultiplier display some degree of cross correlation as would be expected, This follows
from the fact that under the conditions of the test the upper frequency limit of the microphone
(20 kHz) corresponds to a wavelength in the gas cap region of about 0.2 ft. Thus over the

* In Reference 29, Figure 2, the component of turbulence intensity in the flow directi-a is
labeled u'/Uo and in our notation this is |v|/ Vo

** Very similar power spectral densities occur for the two~dimensional probe tests.
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Photomultiplier
100mv/em

1 Acoustic Probe
200mv/cm

—» Time

1 millisecond /centimeter

Figure 8. Photomultiplier and Acoustics Probe Oscilloscope Traces
(Experimental Configuration Corresponds to Figure 1)

range of frequencies examined, the data corresponds to gross property variations within the
entire shock layer, The same considerations based on the foregoing analysis place the cutoff
frequency fo at about 200 kHz, This is based on Sutera’s cutoff wavelength \ o approxiniately

equal to 2,6 times the classical Hiemenz boundary layer thickness (Refereuce 25) which in
turn is set equal to the estimated probe face boundary layer thickness of 0.1 inch, I can thus
be stated that velocity disturbances normalto a stagnation iine with frequencies below 200 kHz

will be amplified upon passing through the boundary layer. The dissipation mechanism, of
course, will predominate at higher frequencies,

3. STAGNATION HEATING IN PLASMA JET

Recent measurements of stagnation point heating have been made ir a high enthalpy
turbulent nitrogen jet exhausting to atmosphere (Reference 31). The jet was produced by a
1.5-megawatt arc heater and was caused to impinge normally on a large instrumented flat
plate positioned at several axial stations, Nominal operating conditions reported were: jet
exit radius ry = 0,375 inch, exit Mach number = 0,782, and exit stagnation enthalpy = 4460

BTU/Ib giving an exit stagnation temperature of 5000°K. The jet flow has been previously
investigated and all important thermodynamic properties are reported in Reference 32,

The measured stagnation point heat transfer rates reported in Reference 31 were compared
with the values expected based on the theory of Fay and Riddell, The measured pressure
distribution on the plate was employed to establish the required stagnation point velocity
gradient, This comparison revealed that the measured stagnation heat flux was between two
and three times greater than the laminar theory predicts and it was suggested that this dis-
crepancy was due to the presence of turbulence in the jet.

Previous investigations of the jet via high speed motion pictures revealed relatively littie
instability, Measurement of sound pressure level, however, revealed a 120-db white noise
spectrum over a range from 20 Hz to 10,000 Hz, This result may be compared with the present
findings for the hypersonic jet flow cass (see ARC-HEATED WIND TUNNEL TURBULENCE
in this Section) where again a white noise spectrum is observed,
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In an attempt to assess quantitatively the possible effects of free-stream turbulence on the
increased stagnation heating, the authors assumed (in the absence of actual turbulence level
measurements) that the axial distribution of turbulence intensity was similar to that found by
Corrsin and Uberoi (Reference 33). R was assumed that for a particular value of me.n
velocity, nondimensionalized with respect to the exit velocity, the turbulence level would be
that predicted by Corrsin and Uberoi for the same nondimensional mean velocity. Since the
axial mean velocity in plasma jet decayed more rapidly than typical cold jet results, the

foregoing assumption leads to a somewhat higher turbulence level at a given axial location in
the jet,

Both Corrsin and Uberoi’s results for the cold jat (u/ue, T, v8 x/re)* and corresvonding

results for the plasma jet are plotted in Figure 10, Condition (1) in the figure corresponds to

the plasma jet results whereas Condition (2) refersto Corrsin and Uberof#’s cold jet measure-
ments.

These resuits may be utilized in conjunction withthe present theory to predict the turbulent
stagnation heating rates., The procedure is the same as that outlined in this Section under
SHOCK TUNNEL TURBULENT NCZZLE BOUNDARY LAYER. Equation 44 relates the param-
eter A to the measured turbulence level, The Eckert number was again obtained from Equa-
tion 42 and was found to vary from 0.12 at tke exit to 0.03 at the last data station, Values of
q/qb were calculated, employing Figure 6, corresponding to the turbulence levels given by

Conditions (1) and (2). This produced two heating curves which are plotted along with the
experimental results in Figure 10, It appears thatthe experimental results are well bracketed
by the theory up to about 25 nozzle exit radii downstream, Beyond this point it might weli be
expected that errors in heat transfer measurement and plate pressure distribution would
accumulate rapidiy,

* 'l‘u is the fturbulence intensity, u, andr e 8T the nozzle exit velocity and radius, respectively,
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Figure 10. Stagnation Point Heat Transfer Rate Aiong the Centerline

of a Nitrogen Plasma Jet
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SECTION V
CONCLUDING REMARKS

The analytical approach discussed in this report appears to provide a means of assessing
quantitatively the effects of velocity disturbances ahead of the stagnation point boundary layer
on heat transfer. There are several other boundary layer-disturbance interaction problems
that must be explored along with a broad class of shock-turbulence interaction problems in
order to fully understand the role of free-stream disturbances on hypersonic stagnation zone
heat transfer. As a cors :nuence of the favorable agreement between the present analysis and
the shock tunnel bounda:y layer experiments, a number of tentative conclusions can be drawn:

1, The turbulent intensity »-rofile in the hypersonic boundary layer investigated may be
approximated by a Klebanof' distribution, The maximum turbulence intensity in the boundary
layer would then be of the or'.er of 10%,

2, Amplification at longitudinal turbulence intensities via a normal shock interaction process
may be given inthe high Mach number limit by Ribner’s shock-shear wave interaction analysis.

3. A stagnation point heat transfer probe with dimensions sufficiently small with respect to
the smallest energy bearing eddys might be emploved successfully to measure free-stream
or boundary layer turbulence levels,

The arc-heated wind tunnel results are mostly qualitative but reveal most conclusively that
the effluent contains turbulent energy as evidenced by the white noise spectrum. No quanti-
tative estimates of turbulence intensity canbe offered at this time and must remain the purpose
of further exploration both inthe core and shroud flow regions, An order of magnitude analysis
involving typical eddy sizes suggests that velocity disturbances normal to a stagnation line
with frequencies up to 200 kHz will be amplified upon passing through the boundary layer,
The dissipation mechanism will predominate at higher frequencier,

A possibility exists to create stagnation heating rates of the order of twice the laminar
value in an arc-heated wind tunnel simulation of high heat transfer-high shear, Such a condition
corresponds to condition “C’’ in Figure 6 where the Eckert number is about the same as for
the remorted shock tunnel experimente, This might be accomplished by rendering the effluent
turbulet;t in some manner making aure that the longitudinal velocity turbulence level is of the
order of 109,

The plasma jet experiments have served to further corroborate the analytical results, Here

again, the actual turbulence level was not measured, but a reasonable assumption is that it
corresponds to measured cold jet results,
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APPENDIX

LISTING CF SPECTRAL INTERACTION FUNCTIONS

In the following expressions i is a dummy index and quantities with subscripts n~i or i-n
are to be replaced with zero whenever their subscripts are negative or zero,

] Corresponding to Equation 12 we list the I (@ n):
s 6, ' )
I(l,n) - Z v; n+i+9i—n +en-i
=1
' S M8 k48 8 . k_ .
: (2.,n) -i-n k; ( i-n i-n itn %ien ~ Ynei n~i
: o
! I(s.n) =i§| 2u (ui+n +ui—n+un—o)
% 2 : :
i I(s.n)'z 2vi Wipn FYan T Yis!
) iz
f
3‘ [ ]
I(es.n) =i);. 2w; ("i+n +"'i-n +"n-i)
! Ll w! who who_
v =Z 2v. k ( i~o nti n-i )
z (e,n) iz : ki-n kn-}-i kn-u
} -
3 - -
;; r"'"’-;zz, Yiki Cioa®ion Ve K T Vaei K=l
I = i w; I w"‘n+ wi+n - w‘n_i )
] (.n) 0y kY kg kg Kn—i
: Correspending to Equation 35 we obtain the following I @ 1)’
oo ™™ ©

Ty =2u2)¥z2(2)

Tatis % 2V Va2

Isiy 22w (2) W2 (2)
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Tet) Y Yatz) Yz Yate) Y Ya2)ie) T2 Ya22) Y2y

2
I('r,l) =k (Vl(z)vz(z)+vl(z) Va (21t ¥ V2(2)Yi(2) ~2V2(2)V1(2)]

"

| Wi) Y2(1) Witz) Wa(z)
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(e,1) k2 ( 2 ¥ 2 )

The spectral interaction functions I @, 2) appearing in Equaticn 36 are:

- /
I(l .2) - Vi(2) 9!(4)

T22)" ©

2
I(3,2) = ¥(2)
2

Te.2)" Y2

- 2
I(s.2)% " (2)

Tie,2)°9
-l 2
Lis.2) “ % Yi
-4 12

Lie,2) =k—:' ¥i(2)

" Finally the I a, 1y’ I 1) corresponding to Equation 38 and the 1 @, 2)’ I @ 2) correspond-
ing to Equation 39 are listed. :

] + v ]

1) 1(2)

el(l)

T = V22 2 (1)

Loz ° 2 Y202

1
Iz © Y2 Giia

T(2,2) = "i(2)2)
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